Problems #1, Math 418, Dr. M. Bohner. Jan 18, 99.

1. Let A : H — K be a linear operator. Let {z;};en C H. Show
that the following are equivalent:
(a) A€ B(H,K);

(b) z; =z = Ax; — Aux;

(c) zj =~z = Azx; — Aux;

(d) z; » z = Az; — Az.

(Hint for (d) = (a): Suppose not. Then there is a sequence {z, }

with ||z,|| = 1 such that ||Az,|| > n?. Consider the sequence

{zzn})



